Tutorial 11

1. Find the radius of convergence of each of the following power series
(@) Y n"z"
(b) Loy n?z"
(€) L 5"
(d) Y5 22"
(€) Ly 572"

() Lo 2"

2. Supposed that ) ;7 ;c,(x —a)" converges at x = b where a,b € R, b < a, for what value
of x the series must converges or converges absolutely?

3. Let {c, }nen be a infinite sequence of integers such that there are infinitely many n € IN
where ¢, # 0

(a) Show that the radius of convergence of the power series } ;" c,z" is at most 1

(b) Give an example of such series which is a Taylor series of a smooth function with
radius of convergence 1

(c) Give an example of such series which is a Taylor series of a smooth function with
radius of convergence %

1

(d) Give an example of such series with radius of convergence —



